
Maximum Effective Distance of On-Chip Decoupling
Capacitors in Power Distribution Grids

Mikhail Popovich
Eby G. Friedman

Dept. of Electrical and
Computer Engineering
University of Rochester

Rochester, New York 14627
USA

nhlover@ece.rochester.edu
friedman@ece.rochester.edu

Michael Sotman
Avinoam Kolodny

Dept. of Electrical Engineering
Technion – Israel Institute of

Technology
Haifa 32000, Israel

michael.sotman@intel.com
kolodny@ee.technion.ac.il

Radu M. Secareanu

MMSTL
Freescale Semiconductor

Tempe, Arizona 85284, USA

r54143@freescale.com

ABSTRACT
Decoupling capacitors are widely used to reduce power sup-
ply noise. On-chip decoupling capacitors have traditionally
been allocated into the available white space on a die. The
efficacy of on-chip decoupling capacitors depends upon the
impedance of the power/ground lines connecting the capac-
itors to the current loads and power supplies. A maximum
effective radius exists for each on-chip decoupling capaci-
tor. Beyond this effective distance, a decoupling capacitor
is completely ineffective. Two effective radii determined by
the target impedance (during discharge) and charge time are
presented in this paper. Depending upon the parasitic impe-
dance of the power distribution system, the maximum volt-
age drop as seen at the current load is achieved either at the
first droop or at the end of the switching activity (the sec-
ond droop). Two criteria to estimate the minimum required
on-chip decoupling capacitance are developed based on the
critical parasitic impedance. To be effective, the decoupling
capacitor has to be fully charged before the next switching
event. A design space is described that characterizes the
tolerable parasitic resistances and inductances, while restor-
ing the charge on the decoupling capacitor within a target
charge time. An overall design methodology for placing on-
chip decoupling capacitors is presented in this paper. It is
shown that for an on-chip decoupling capacitor to be effec-
tive, both effective radii criteria should be simultaneously
satisfied.
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1. INTRODUCTION
The feature size of integrated circuits (IC) has been ag-

gressively reduced in the pursuit of higher speed, lower power,
and less cost. Semiconductor technologies with a feature size
of several tens of nanometers are currently in development.
The scaling of CMOS is expected to continue for at least an-
other decade. Future nanometer circuits will soon contain
more than a billion transistors and operate at clock speeds
well over 10 GHz [1]. Distributing robust and reliable power
and ground levels in such a high speed, high complexity en-
vironment is, therefore, a highly challenging task [2].

Decoupling capacitors are widely used to manage power
supply noise. A decoupling capacitor acts as a reservoir of
charge, which is released when the power supply voltage at a
particular current load drops below some tolerable level. Al-
ternatively, decoupling capacitors can be used to reduce the
impedance of power delivery systems operating at high fre-
quencies. Since the inductance scales poorly [3], the location
of the decoupling capacitors significantly affects the design of
the power/ground (P/G) networks in high performance ICs
such as microprocessors. With increasing frequencies, a dis-
tributed system of on-chip decoupling capacitors is needed.

The efficacy of decoupling capacitors depends upon the
impedance of the conductors connecting the capacitors to
the current loads and power sources. During discharge, the
current flowing from the decoupling capacitor to the current
load results in resistive noise (IR drops) and inductive noise
(L di

dt
drops) due to the parasitic resistance and inductance

of the power delivery network. The resulting voltage drop
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at the current load is, therefore, always greater than the
voltage drop at the decoupling capacitor. Once the switch-
ing event is completed, a decoupling capacitor has to be
fully charged before the next clock cycle begins. During
the charging phase, the voltage at the decoupling capacitor
rises exponentially. The charge time of a capacitor is de-
termined by the parasitic resistance and inductance of the
interconnect between the capacitor and the power supply.
A design space that characterizes a tolerable resistance and
inductance exists, permitting the restoration of the charge
at the decoupling capacitor within the target charge time.
The maximum frequency at which the decoupling capacitor
is effective is determined by the parasitic resistance and in-
ductance of the metal lines and the size of the decoupling
capacitor.

A maximum parasitic impedance between the decoupling
capacitor and the current load or power supply exists at
which the decoupling capacitor is effective. Alternatively, to
be effective, a decoupling capacitor should be placed within
the maximum effective distance from the current load or
power supply, as shown in Fig. 1. The optimal allocation of
the on-chip decoupling capacitors is, therefore, an important
issue in high performance ICs. The effective radii of the on-
chip decoupling capacitors are the primary subject of this
paper. Design techniques to estimate the minimum required
on-chip decoupling capacitance are also presented.

Cdec

Iload

−+ Vdd

dmax
Z

dmax
ch1

dmax
ch2

Figure 1: The effective radii of an on-chip decou-
pling capacitor. The on-chip decoupling capacitor
should be placed such that both the current load
and the power supply are located inside the respec-
tive effective radius. If the power supply is located
outside the effective radius dmax

ch1 , the current load
should be partitioned, resulting in a smaller decou-
pling capacitor and, therefore, an increased effective
distance dmax

ch2 .

The paper is organized as follows. The effective radius
of an on-chip decoupling capacitor determined by the tar-
get impedance is presented in Section 2. Design techniques
to estimate the minimum magnitude of the required on-chip
decoupling capacitance are discussed in Section 3. The effec-
tive radius of an on-chip decoupling capacitor based on the
charge time is presented in Section 4. A model of a power
distribution network is introduced in Section 5. Simulation
results for typical values of on-chip parasitic resistances and

inductances are discussed in Section 6. Some specific con-
clusions are summarized in Section 7.

2. EFFECTIVE RADIUS BASED ON
TARGET IMPEDANCE

Only a small fraction of the power supply voltage is typi-
cally permitted as a ripple voltage (power noise). A target
impedance of a power distribution system is [4]

Ztarget =
Vdd × Ripple

I
, (1)

where Vdd is the power supply voltage, Ripple is the al-
lowable ripple voltage, and I is the current. According to
general scaling theory [5], the current I will further increase
and the power supply voltage will continue to drop, at least
for the next ten years. The impedance of a power distri-
bution system should therefore be reduced to satisfy target
power noise constraints. The target impedance of a power
distribution system is falling at an alarming rate, a factor of
two per technology generation [4]. The specific impedance
must be satisfied not only at DC, but also at all frequencies
where current transients occur [6].

Neglecting the parasitic capacitance, the impedance of a
unit length wire can be modeled as Z′(ω) = r + jωl, where
r and l are the resistance and inductance per length, respec-
tively, and ω is an equivalent frequency, determined by the
rise time of the current load. The unit length inductance l
is the effective inductance per unit length in the power dis-
tribution grid, incorporating the partial self inductance and
mutual coupling among the lines. The target impedance of
a metal line with a particular length is therefore

Z(ω) = Z′(ω) × d, (2)

where Z′(ω) is the impedance of a unit length metal line,
and d is the distance between the decoupling capacitor and
the current load. Substituting (1) into (2), the maximum
effective radius (or distance) dmax

Z between the decoupling
capacitor and the current load is

dmax
Z =

Ztarget

Z′(ω)
=

Vdd × Ripple

I ×√
r2 + ω2l2

, (3)

where
√

r2 + ω2l2 denotes the magnitude of the impedance
of a unit length wire. Note that the maximum effective
radius as determined by the target impedance is inversely
proportional to the magnitude of the current load and the
impedance of a unit length line. Also note, in a meshed
structure, multiple impedance paths between any two points
add in parallel. The maximum effective distance correspond-
ing to Ztarget is therefore larger as compared to a single line.
In this paper, the effective radius of an on-chip decoupling
capacitor is defined as follows.

Definition 1 : The effective radius of an on-chip decoupling
capacitor is the maximum distance between the current load
or power supply and the decoupling capacitor, at which the
capacitor is capable of providing sufficient charge to the cur-
rent load in order to maintain the overall power distribution
noise below the maximum tolerable level.

3. MINIMUM REQUIRED ON-CHIP
DECOUPLING CAPACITANCE

To estimate the on-chip decoupling capacitance required
to support the current demand, the current load is modeled
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as a triangular current source. The magnitude of the cur-
rent source increases linearly, reaching the maximum current
Imax at peak time tp. The magnitude of the current source
decays linearly, becoming zero at tf , as shown in Fig. 2.
The on-chip power distribution network is modeled as a se-
ries RL circuit. A single decoupling capacitor with a single
current load is assumed to support the voltage fluctuations
at the P/G terminals. The maximum tolerable ripple at the
current load is 10% of the power supply voltage.

t

I�t�

tr tf

Imax

tp

Figure 2: Linear approximation of the current de-
mand of a power distribution network by a current
source. The magnitude of the current source reaches
the maximum current value Imax at peak time tp. tr

and tf denote the rise and fall times of the current
load, respectively.

The total charge Qdis required to support the current de-
mand during the switching event is modeled as the sum of
the areas of two triangles (see Fig. 2). Since the required
charge is provided by an on-chip decoupling capacitor, the
voltage at the capacitor during discharge drops below the
initial (power supply) voltage. Thus, the required charge
during the entire switching event is

Qdis =
Imax × (tr + tf )

2
= Cdec × (Vdd − V f

C ), (4)

where Imax is the maximum magnitude of the current load,
tr and tf are the rise and fall times, respectively, Cdec is the
decoupling capacitance, Vdd is the power supply voltage, and
V f

C is the voltage across the decoupling capacitor after the
switching event. Note that, since no current exists after
switching, the voltage at the current load is equal to the
voltage on the decoupling capacitor.

The voltage at the P/G terminals of a power delivery sys-
tem should not exceed the maximum level (typically 10% of
the power supply voltage) to guarantee fault-free operation.
Thus,

V f
C ≡ V f

load ≥ 0.9 Vdd. (5)

Substituting (5) into (4) and solving for Cdec, the minimum
on-chip decoupling capacitance required to support the cur-
rent demand during a switching event is

Cf
dec ≥ Imax × (tr + tf )

0.2 Vdd
. (6)

Note that (6) is only applicable to the case when the volt-
age drop at the end of the switching event (the second droop)
is larger than the voltage drop at the peak time tp (the first
droop). This phenomenon can be explained as follows. The

voltage drop as seen at the current load is caused by the cur-
rent flowing through the parasitic resistance and inductance
of the on-chip power distribution system. The resulting volt-
age fluctuations are the sum of the ohmic IR voltage drop,
inductive L dI

dt
voltage drop, and voltage drop at the decou-

pling capacitor at tp. A critical parasitic RL impedance,
therefore, exists for any given set of rise and fall times. Be-
yond this critical impedance, the first droop becomes larger
than the second droop, as shown in Fig. 3. The decoupling
capacitor should therefore be increased to reduce the volt-
age drop at the capacitor V r

C , lowering the magnitude of the
first droop.
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Figure 3: Power distribution noise during discharge
of an on-chip decoupling capacitor: Imax = 100 mA,
Vdd = 1 V, tr = 20 ps, tf = 80 ps, R = 100 mΩ,
L = 15 pH, and Cdec = 50 pF. For these parameters,
the parasitic impedance of the metal lines connect-
ing the decoupling capacitor to the current load is
larger than the critical impedance. The first droop
is larger than the second droop and (6) underesti-
mates the required decoupling capacitance. The re-
sulting voltage drop on the power terminal is there-
fore larger than the maximum tolerable noise.

The charge Qr required to support the current demand
during the rise time of the current load is equal to the area
of the triangle formed by Imax and tr. The required charge
is provided by the on-chip decoupling capacitor. The voltage
at the decoupling capacitor therefore drops below the power
supply level by ΔV r

C . The required charge during tr is

Qr =
Imax × tr

2
= Cdec × ΔV r

C , (7)

where Qr is the charge drawn by the current load during tr

and ΔV r
C is the voltage drop at the decoupling capacitor at

tp. From (7),

ΔV r
C =

Imax × tr

2 Cdec
. (8)

By time tp, the voltage drop as seen from the current
load (the first droop) is the sum of the ohmic IR drop, the
inductive L dI

dt
drop, and the voltage drop at the decoupling

capacitor. Alternatively, the power noise is further increased
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by the voltage drop ΔV r
C . In this case, the voltage at the

current load is

V r
load = Vdd − I × R − L

dI

dt
− ΔV r

C , (9)

where R and L are the parasitic resistance and inductance
of the P/G lines, respectively. Note that the last term in
(9) accounts for the voltage drop ΔV r

C at the decoupling
capacitor during the rise time of the current load.

Assuming that V r
load ≥ 0.9 Vdd and substituting (8) into

(9) and solving for Cdec, the minimum on-chip decoupling
capacitance to support the current demand during tr is

Cr
dec ≥ Imax × tr

2
(
0.1 Vdd − I × R − L dI

dt

) . (10)

Note that if the first droop is larger than the second droop,
Cdec is oversized. Hence, the voltage drop at the end of
the switching event is always smaller than the maximum
tolerable noise.

Also note that, as opposed to (6), (10) depends upon
the parasitic impedance of the on-chip power distribution
system. Alternatively, in the case of the first droop, the
required charge released by the decoupling capacitor is de-
termined by the parasitic resistance and inductance of the
P/G lines connecting the decoupling capacitor to the current
load. Assuming the impedance of a single line, the critical
line length dcrit can be determined by equalizing Cr

dec and
Cf

dec,

Imax × tr(
0.1 Vdd − I r dcrit − l dcrit

dI
dt

) =
Imax × (tr + tf )

0.1 Vdd
, (11)

where r and l are the per length parasitic resistance and
inductance of a single line, respectively. Solving (11) for
dcrit,

dcrit =

0.1 Vdd

(
1 − tr

tr + tf

)

I r + l dI
dt

. (12)

For a single line connecting the current load to the decou-
pling capacitor, the minimum required on-chip decoupling
capacitor is determined by (6) for lines shorter than dcrit

and by (10) for lines longer than dcrit. Note that for a line
length equal to dcrit, (6) and (10) result in the same re-
quired capacitance. Also note that the maximum length of
a single line is determined by (3). In the case of multiple
current paths existing between the current load and a decou-
pling capacitor, no closed form solution for the critical line
length exists. The impedance of the power grid connecting
a decoupling capacitor to a current load is compared to the
critical impedance. Either (6) or (10) is utilized to estimate
the required on-chip decoupling capacitance.

4. EFFECTIVE RADIUS
DETERMINED BY CHARGE TIME

Once discharged, the decoupling capacitor must be charged
to support the current demands during the next switching
event. If charge at the capacitor is not fully restored dur-
ing the relaxation time between two consecutive switching
events (the charge time), the decoupling capacitor will grad-
ually be depleted, becoming ineffective after several clock
cycles. A maximum effective radius, therefore, exists for an

on-chip decoupling capacitor determined during the charg-
ing phase for a target charge time. Similar to the effective
radius based on the target impedance presented in Section 2,
an on-chip decoupling capacitor should be placed in close
proximity to the power supply (power pins) to be effective.

To determine the current flowing through a decoupling ca-
pacitor during the charging phase, the parasitic impedance
of a power distribution system is modeled as a series RL cir-
cuit between the decoupling capacitor and the power supply,
as shown in Fig. 4. When the discharge is completed, the
switch is closed and the charge is restored on the decoupling
capacitor. The initial voltage V 0

C across the decoupling ca-
pacitor is determined by the maximum voltage drop during
discharge.

R L

V 0
C Cdec−+Vdd ich(t)

Figure 4: Circuit diagram of charging an on-chip
decoupling capacitor.

For the circuit shown in Fig. 4, the KVL equation for the
current in the circuit is [7]

L
dich

dt
+ R ich +

1

Cdec

∫
ich dt = Vdd. (13)

Differentiating (13),

L
d2ich

dt2
+ R

dich

dt
+

1

Cdec
ich = 0. (14)

Assuming an overdamped power distribution system with
an on-chip decoupling capacitor (which is typical for lines
longer than several micrometers in a 90 nm CMOS technol-
ogy) and applying the initial conditions, the current through
the decoupling capacitor during the charging phase is

ich(t) =
Imax (tr + tf )

4 L Cdec

√(
R
2L

)2 − 1
LCdec

× (15)

×
{

exp

[(
− R

2L
+

√(
R
2L

)2 − 1
LCdec

)
t

]
−

− exp

[(
− R

2L
−

√(
R
2L

)2 − 1
LCdec

)
t

]}
.

The voltage at the decoupling capacitor during the charging
phase can be determined by integrating (15) from zero to
the charge time,

VC(t) =
1

C

∫ tch

0

ich(t) dt, (16)

where tch is the charge time, and VC(t) and ich(t) are the
voltage at the decoupling capacitor and the current flow-
ing through the decoupling capacitor during the charging
phase, respectively. Substituting (15) into (16) and inte-
grating from zero to tch, the voltage across the decoupling
capacitor during the charging phase is given by (17).

From (17), the design space is determined for the max-
imum tolerable resistance and inductance, permitting the

176



VC(tch) =
Imax (tr + tf )

4 C2
dec L

√(
R
2L

)2 − 1
LCdec

× (17)

×

⎧⎪⎪⎨
⎪⎪⎩

exp

[(
− R

2L
+

√(
R
2L

)2 − 1
LCdec

)
tch

]
− 1

− R
2L

+
√(

R
2L

)2 − 1
LCdec

+

1 − exp

[(
− R

2L
−

√(
R
2L

)2 − 1
LCdec

)
tch

]

− R
2L

−
√(

R
2L

)2 − 1
LCdec

⎫⎪⎪⎬
⎪⎪⎭

.

decoupling capacitor to be recharged within a given tch, as
shown in Fig. 5. The parasitic resistance and inductance
should be maintained below the maximum tolerable values,
permitting the decoupling capacitor to be charged during
the relaxation time. Note that as the parasitic resistance of
the power delivery network decreases, the voltage across the
decoupling capacitor increases exponentially. In contrast,
the voltage across the decoupling capacitor during the charg-
ing phase is almost independent of the parasitic inductance,
slightly increasing with inductance. This phenomenon is due
to the behavior that an inductor resists sudden changes in
the current. Alternatively, an inductor maintains the charg-
ing current at a particular level for a longer time. Thus, the
decoupling capacitor is charged faster.
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Figure 5: Design space for maximum tolerable par-
asitic resistance and inductance of a power distri-
bution grid: Imax = 100 mA, tr = 100 ps, tf = 300 ps,
Cdec = 100 pF, Vdd = 1 volt, and tch = 400 ps. For
a target charge time, the maximum resistance and
inductance can be determined, resulting in the volt-
age across the decoupling capacitor being greater or
equal to the power supply voltage (dark line).

An overall design methodology for placing on-chip decou-
pling capacitors is as follows. The maximum effective radius
based on the target impedance is determined from (3) for
a particular current load (circuit block), power supply volt-
age, and allowable ripple. The minimum required on-chip
decoupling capacitance is estimated to support the required
current demand. If the second droop is greater than the
first droop, (6) is used to determine the required on-chip
decoupling capacitance. If the first droop dominates, the

on-chip decoupling capacitance is determined from (10). In
the case of a single line connecting the decoupling capacitor
to the current load, the critical wire length is determined
from (12). The maximum effective distance based on the
charge time is determined from (17). Note that (17) results
in a range of tolerable parasitic resistance and inductance of
the metal lines connecting the decoupling capacitor to the
power supply. Also note that the on-chip decoupling capac-
itor should be placed such that both the power supply and
the current load are located inside the respective effective
radius, as shown in Fig. 6. If this placement is not possible,
the current load (circuit block) should be partitioned into
several blocks and the on-chip decoupling capacitors should
be allocated for each block, satisfying both effective radii.
Note that the effective radius determined by the target im-
pedance does not depend on the decoupling capacitance.
The effective radius determined by the charge time however
is inversely proportional to C2

dec. Finally, the on-chip de-
coupling capacitors should be distributed across the circuit
to provide the required charge for each functional unit.

Iload

Cdec

Figure 6: Effective radii of an on-chip decoupling
capacitor. For a power distribution system modeled
by a distributed RL mesh, the maximum effective ra-
dius is the manhattan distance between two points.
The overall effective radius is therefore shaped like
a diamond.

5. MODEL OF A POWER DISTRIBUTION
NETWORK

On-chip power distribution networks in high performance
ICs are commonly modeled as a mesh. Early in the de-
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sign process, minimal physical information characterizing
the P/G structure is available. A simplified model of a power
distribution system is therefore appropriate. For simplicity,
equal segments within a mesh structure are assumed. The
current demands of a particular module are modeled as cur-
rent sources with equivalent magnitude and switching activ-
ities. The current load is located at the center of a circuit
module and determines the connection point of the circuit
module to the power grid.

Typical effective radii of an on-chip decoupling capacitor
is in the range of several hundreds micrometers. In order to
determine the location of an on-chip decoupling capacitor,
the size of each RL mesh segment should be much smaller
than the effective radii. In modern high performance ICs
such as microprocessors with die sizes approaching 1.5 inches
by 1.5 inches, a fine mesh is infeasible to simulate. In the
case of a coarse mesh, the effective radius is smaller than the
size of each segment. The location of each on-chip decou-
pling capacitor, therefore, cannot be accurately determined.
To resolve this dilemma, the accuracy of the capacitor lo-
cation can be traded off with the complexity of the power
distribution network. A hot spot (an area where the power
supply voltage drops below the minimum tolerable level) is
first determined based on a coarse mesh. A fine mesh is used
next inside each hot spot to accurately estimate the effective
radius of the on-chip decoupling capacitor.

In modern high performance ICs, up to 3000 I/O pins can
be available [1]. Only half of the I/O pads are typically used
to distribute power. The other half is dedicated to signaling.
Assuming an equal distribution of power and ground pads,
a quarter of the total number of pads is typically available
for power or ground delivery. For high performance ICs
with die sizes of 1.5 inches by 1.5 inches inside a flip chip
package, the distance between two adjacent power or ground
pads is about 1300 μm. Note that the proposed approach to
model a power distribution system is applicable to ICs with
both conventional low cost and advanced high performance
packaging.

6. CASE STUDY
The dependence of the effective radii of an on-chip decou-

pling capacitor on a power distribution system is described
in this section to quantitatively illustrate the concepts pre-
viously presented in this paper. A flip chip package is as-
sumed. An on-chip power distribution system with a flip
chip pitch (the area formed by the four closest power pins)
is modeled by an RL mesh of forty by forty equal segments
to accurately determine the maximum effective distance of
an on-chip decoupling capacitor. The load is modeled as a
triangular current source with a 100 ps rise time and 300
ps fall time. The maximum tolerable ripple at the load is
10% of the power supply voltage. The relaxation time be-
tween two consecutive switching events (the charge time)
is set to 400 ps. The maximum effective radii determined
by the target impedance and charge time for three sets of
on-chip parasitic resistances and inductances are listed in
Table 1. Three scenarios listed in Table 1 are chosen to rep-
resent typical parasitic resistances and inductances of the
top, intermediate, and bottom layers of an on-chip power
distribution grid.

From (12), for the parameters listed in Table 1, the criti-
cal voltage drop is 75 mV. If the voltage fluctuations at the
current load do not exceed the critical voltage, the magni-

tude of the second droop dominates and the required on-chip
decoupling capacitance is determined by (6). Note that for
the three scenarios with a 10 mA current load, the maximum
effective radii of the on-chip decoupling capacitor based on
the target impedance and charge time are larger than forty
cells (the longest distance within the mesh from the center
of the mesh to the corner). The maximum effective radii
of the on-chip decoupling capacitor is therefore larger than
the pitch size. The decoupling capacitor can therefore be
placed anywhere inside the pitch. Note that the required
on-chip decoupling capacitance is estimated for the longest
distance (40 cells). For a 100 mA current load, the voltage
fluctuations at the current load exceed the critical voltage
drop. The first droop dominates and the required on-chip
decoupling capacitance is determined by (10).

Table 1: Maximum effective radii of an on-chip de-
coupling capacitor

Metal Res. Ind. Iload Cdec dmax (cells)

Layer (Ω/μm) (pH/μm) (A) (pF) Z tch

0.007 0.5 0.01 20 >40 >40
Top 0.007 0.5 0.1 357 2 >40

0.007 0.5 1 – <1 –

0.04 0.3 0.01 20 >40 >40
Int. 0.04 0.3 0.1 227 1 <1

0.04 0.3 1 – <1 –

0.1 0.1 0.01 20 >40 >40
Bot. 0.1 0.1 0.1 – <1 –

0.1 0.1 1 – <1 –

Vdd = 1 V, Vripple = 100 mV,
tr = 100 ps, tf = 300 ps, tch = 400 ps

Note that Cr
dec as determined by (10) increases rapidly

with the effective radius based on the target impedance,
becoming infinite at dmax

Z . As the decoupling capacitor is
moved closer to the current load, the required on-chip decou-
pling capacitance, estimated by (10), decreases. A tradeoff,
therefore, exists between the maximum effective distance de-
termined by the target impedance and the size of the mini-
mum required on-chip decoupling capacitance (if the overall
voltage drop at the current load is primarily caused by the
first droop).

The effective radii of an on-chip decoupling capacitor de-
creases linearly with current load. The optimal size of an
RL distributed mesh should therefore be determined for a
particular current demand. If the magnitude of the current
requirements is low, the mesh can be coarser, significantly
decreasing the simulation time. For a 10 mA current load,
the effective radii determined both by the target impedance
and charge time are longer than the pitch size. Thus, the
distributed mesh is overly fine. For a current load of 1 A,
the effective radii are shorter than one cell, meaning that the
distributed RL mesh is overly coarse. A finer mesh should
therefore be used to accurately estimate the maximum ef-
fective radii of the on-chip decoupling capacitor.

Note that the maximum effective radius as determined by
the charge time becomes impractically short for large de-
coupling capacitors, making the capacitors ineffective. In
this case, the decoupling capacitor should be placed closer

178



to the current load, permitting the decoupling capacitance
to be decreased. Alternatively, the current load should be
partitioned into several blocks, lowering the required on-chip
decoupling capacitance. The parasitic impedance between
the decoupling capacitor and the current load or power sup-
ply should be reduced, increasing the maximum effective
radii of the on-chip decoupling capacitors.

7. CONCLUSIONS
A design methodology for placing on-chip decoupling ca-

pacitors is presented in this paper. It is shown that a max-
imum effective distance exists between the current load or
power supply and the decoupling capacitor. Beyond this
distance, the decoupling capacitor becomes ineffective.

The maximum effective radii of an on-chip decoupling
capacitor based on the target impedance (discharge) and
charge time have been determined. Depending upon the
parasitic impedance of the P/G lines, the maximum voltage
drop is caused either by the first droop (the rise time) or by
the second droop (the fall time). Design expressions to esti-
mate the minimum on-chip decoupling capacitance required
to support expected current demands based on critical line
lengths are proposed. The critical length of the intercon-
nect between the decoupling capacitor and the current load
is also determined. The on-chip decoupling capacitor should
be placed such that both the power supply and the current
load are located within the effective radius. If this place-
ment is not possible, the current load should be partitioned
into several functional units. The on-chip decoupling ca-
pacitors should be allocated for each block, satisfying both
effective radii criteria. The on-chip decoupling capacitors
placed within effective radii should be allocated on the die
to satisfy local transient current demands.

8. REFERENCES
[1] International Technology Roadmap for Semiconductors,

2004 Update, 2004. Semiconductor Industry Associa-
tion.

[2] A. V. Mezhiba and E. G. Friedman, Power Distribu-
tion Networks in High Speed Integrated Circuits, Kluwer
Academic Publishers, 2004.

[3] A. V. Mezhiba and E. G. Friedman, “Scaling Trends
of On-Chip Power Distribution Noise,” IEEE Transac-
tions on Very Large Scale Integration (VLSI) Systems,
Vol. 12, Issue 4, pp. 386–394, April 2004.

[4] L. D. Smith, R. E. Anderson, D. W. Forehand, T.
J. Pelc, and T. Roy, “Power Distribution System De-
sign Methodology and Capacitor Selection for Modern
CMOS Technology,” IEEE Transactions on Advanced
Packaging, Vol. 22, No. 3, pp. 284–291, August 1999.

[5] S. R. Nassif and O. Fakhouri, “Technology Trends in
Power-Grid-Induced Noise,” Proceedings of the ACM
International Workshop on System Level Interconnect
Prediction, pp. 55–59, April 2002.

[6] W. D. Becker et al., “Modeling, Simulation and Mea-
surement of Mid-Frequency Simultaneous Switching
Noise in Computer Systems,” IEEE Transactions on
Components, Packaging, and Manufacturing Technol-
ogy, Part B, Vol. 21, Issue 2, pp. 157–163, May 1998.

[7] M. E. Van Valkenburg, Network Analysis, Prentice-
Hall, 1974.

179



<<
  /ASCII85EncodePages false
  /AllowTransparency false
  /AutoPositionEPSFiles true
  /AutoRotatePages /None
  /Binding /Left
  /CalGrayProfile (Dot Gain 20%)
  /CalRGBProfile (sRGB IEC61966-2.1)
  /CalCMYKProfile (U.S. Web Coated \050SWOP\051 v2)
  /sRGBProfile (sRGB IEC61966-2.1)
  /CannotEmbedFontPolicy /Warning
  /CompatibilityLevel 1.3
  /CompressObjects /Tags
  /CompressPages true
  /ConvertImagesToIndexed true
  /PassThroughJPEGImages true
  /CreateJDFFile false
  /CreateJobTicket false
  /DefaultRenderingIntent /Default
  /DetectBlends true
  /DetectCurves 0.0000
  /ColorConversionStrategy /LeaveColorUnchanged
  /DoThumbnails true
  /EmbedAllFonts true
  /EmbedOpenType false
  /ParseICCProfilesInComments true
  /EmbedJobOptions true
  /DSCReportingLevel 0
  /EmitDSCWarnings false
  /EndPage -1
  /ImageMemory 1048576
  /LockDistillerParams true
  /MaxSubsetPct 100
  /Optimize true
  /OPM 1
  /ParseDSCComments false
  /ParseDSCCommentsForDocInfo true
  /PreserveCopyPage true
  /PreserveDICMYKValues true
  /PreserveEPSInfo true
  /PreserveFlatness true
  /PreserveHalftoneInfo true
  /PreserveOPIComments true
  /PreserveOverprintSettings true
  /StartPage 1
  /SubsetFonts true
  /TransferFunctionInfo /Apply
  /UCRandBGInfo /Preserve
  /UsePrologue false
  /ColorSettingsFile ()
  /AlwaysEmbed [ true
    /Academy
    /AgencyFB-Bold
    /AgencyFB-Reg
    /Alba
    /AlbaMatter
    /AlbaSuper
    /Algerian
    /Arial-Black
    /Arial-BoldItalicMT
    /Arial-BoldMT
    /Arial-ItalicMT
    /ArialMT
    /ArialNarrow
    /ArialNarrow-Bold
    /ArialNarrow-BoldItalic
    /ArialNarrow-Italic
    /ArialRoundedMTBold
    /ArialUnicodeMS
    /BabyKruffy
    /BaskOldFace
    /Bauhaus93
    /BellMT
    /BellMTBold
    /BellMTItalic
    /BerlinSansFB-Bold
    /BerlinSansFBDemi-Bold
    /BerlinSansFB-Reg
    /BernardMT-Condensed
    /BlackadderITC-Regular
    /BodoniMT
    /BodoniMTBlack
    /BodoniMTBlack-Italic
    /BodoniMT-Bold
    /BodoniMT-BoldItalic
    /BodoniMTCondensed
    /BodoniMTCondensed-Bold
    /BodoniMTCondensed-BoldItalic
    /BodoniMTCondensed-Italic
    /BodoniMT-Italic
    /BodoniMTPosterCompressed
    /BookAntiqua
    /BookAntiqua-Bold
    /BookAntiqua-BoldItalic
    /BookAntiqua-Italic
    /BookmanOldStyle
    /BookmanOldStyle-Bold
    /BookmanOldStyle-BoldItalic
    /BookmanOldStyle-Italic
    /BookshelfSymbolSeven
    /BradleyHandITC
    /BritannicBold
    /Broadway
    /BrushScriptMT
    /CalifornianFB-Bold
    /CalifornianFB-Italic
    /CalifornianFB-Reg
    /CalisMTBol
    /CalistoMT
    /CalistoMT-BoldItalic
    /CalistoMT-Italic
    /Castellar
    /Centaur
    /Century
    /CenturyGothic
    /CenturyGothic-Bold
    /CenturyGothic-BoldItalic
    /CenturyGothic-Italic
    /CenturySchoolbook
    /CenturySchoolbook-Bold
    /CenturySchoolbook-BoldItalic
    /CenturySchoolbook-Italic
    /Chick
    /Chiller-Regular
    /ColonnaMT
    /ComicSansMS
    /ComicSansMS-Bold
    /CooperBlack
    /CopperplateGothic-Bold
    /CopperplateGothic-Light
    /CourierNewPS-BoldItalicMT
    /CourierNewPS-BoldMT
    /CourierNewPS-ItalicMT
    /CourierNewPSMT
    /Croobie
    /CurlzMT
    /EdwardianScriptITC
    /Elephant-Italic
    /Elephant-Regular
    /EngraversMT
    /ErasITC-Bold
    /ErasITC-Demi
    /ErasITC-Light
    /ErasITC-Medium
    /EstrangeloEdessa
    /Fat
    /FelixTitlingMT
    /FootlightMTLight
    /ForteMT
    /FranklinGothic-Book
    /FranklinGothic-BookItalic
    /FranklinGothic-Demi
    /FranklinGothic-DemiCond
    /FranklinGothic-DemiItalic
    /FranklinGothic-Heavy
    /FranklinGothic-HeavyItalic
    /FranklinGothic-Medium
    /FranklinGothic-MediumCond
    /FranklinGothic-MediumItalic
    /FreestyleScript-Regular
    /FrenchScriptMT
    /Freshbot
    /Frosty
    /Garamond
    /Garamond-Bold
    /Garamond-Italic
    /Gautami
    /Georgia
    /Georgia-Bold
    /Georgia-BoldItalic
    /Georgia-Italic
    /Gigi-Regular
    /GillSansMT
    /GillSansMT-Bold
    /GillSansMT-BoldItalic
    /GillSansMT-Condensed
    /GillSansMT-ExtraCondensedBold
    /GillSansMT-Italic
    /GillSans-UltraBold
    /GillSans-UltraBoldCondensed
    /GlooGun
    /GloucesterMT-ExtraCondensed
    /GoudyOldStyleT-Bold
    /GoudyOldStyleT-Italic
    /GoudyOldStyleT-Regular
    /GoudyStout
    /Haettenschweiler
    /HarlowSolid
    /Harrington
    /HighTowerText-Italic
    /HighTowerText-Reg
    /Impact
    /ImprintMT-Shadow
    /InformalRoman-Regular
    /Jenkinsv20
    /Jenkinsv20Thik
    /Jokerman-Regular
    /Jokewood
    /JuiceITC-Regular
    /Karat
    /Kartika
    /KristenITC-Regular
    /KunstlerScript
    /Latha
    /LatinWide
    /LetterGothicMT
    /LetterGothicMT-Bold
    /LetterGothicMT-BoldOblique
    /LetterGothicMT-Oblique
    /LucidaBright
    /LucidaBright-Demi
    /LucidaBright-DemiItalic
    /LucidaBright-Italic
    /LucidaCalligraphy-Italic
    /LucidaConsole
    /LucidaFax
    /LucidaFax-Demi
    /LucidaFax-DemiItalic
    /LucidaFax-Italic
    /LucidaHandwriting-Italic
    /LucidaSans
    /LucidaSans-Demi
    /LucidaSans-DemiItalic
    /LucidaSans-Italic
    /LucidaSans-Typewriter
    /LucidaSans-TypewriterBold
    /LucidaSans-TypewriterBoldOblique
    /LucidaSans-TypewriterOblique
    /LucidaSansUnicode
    /Magneto-Bold
    /MaiandraGD-Regular
    /Mangal-Regular
    /MaturaMTScriptCapitals
    /MicrosoftSansSerif
    /Mistral
    /Modern-Regular
    /MonotypeCorsiva
    /MSOutlook
    /MSReferenceSansSerif
    /MSReferenceSpecialty
    /MVBoli
    /NiagaraEngraved-Reg
    /NiagaraSolid-Reg
    /OCRAExtended
    /OldEnglishTextMT
    /Onyx
    /PalaceScriptMT
    /PalatinoLinotype-Bold
    /PalatinoLinotype-BoldItalic
    /PalatinoLinotype-Italic
    /PalatinoLinotype-Roman
    /Papyrus-Regular
    /Parchment-Regular
    /Perpetua
    /Perpetua-Bold
    /Perpetua-BoldItalic
    /Perpetua-Italic
    /PerpetuaTitlingMT-Bold
    /PerpetuaTitlingMT-Light
    /Playbill
    /Poornut
    /PoorRichard-Regular
    /Porkys
    /PorkysHeavy
    /Pristina-Regular
    /PussycatSassy
    /PussycatSnickers
    /Raavi
    /RageItalic
    /Ravie
    /Rockwell
    /Rockwell-Bold
    /Rockwell-BoldItalic
    /Rockwell-Condensed
    /Rockwell-CondensedBold
    /Rockwell-ExtraBold
    /Rockwell-Italic
    /ScriptMTBold
    /ShowcardGothic-Reg
    /Shruti
    /SnapITC-Regular
    /Square721BT-Roman
    /Stencil
    /Sylfaen
    /SymbolMT
    /Tahoma
    /Tahoma-Bold
    /TempusSansITC
    /TimesNewRomanMT-ExtraBold
    /TimesNewRomanPS-BoldItalicMT
    /TimesNewRomanPS-BoldMT
    /TimesNewRomanPS-ItalicMT
    /TimesNewRomanPSMT
    /Trebuchet-BoldItalic
    /TrebuchetMS
    /TrebuchetMS-Bold
    /TrebuchetMS-Italic
    /Tunga-Regular
    /TwCenMT-Bold
    /TwCenMT-BoldItalic
    /TwCenMT-Condensed
    /TwCenMT-CondensedBold
    /TwCenMT-CondensedExtraBold
    /TwCenMT-Italic
    /TwCenMT-Regular
    /Verdana
    /Verdana-Bold
    /Verdana-BoldItalic
    /Verdana-Italic
    /VinerHandITC
    /Vivaldii
    /VladimirScript
    /Vrinda
    /Webdings
    /WeltronUrban
    /Wingdings2
    /Wingdings3
    /Wingdings-Regular
    /ZWAdobeF
  ]
  /NeverEmbed [ true
  ]
  /AntiAliasColorImages false
  /CropColorImages true
  /ColorImageMinResolution 300
  /ColorImageMinResolutionPolicy /OK
  /DownsampleColorImages true
  /ColorImageDownsampleType /Bicubic
  /ColorImageResolution 300
  /ColorImageDepth -1
  /ColorImageMinDownsampleDepth 1
  /ColorImageDownsampleThreshold 1.50000
  /EncodeColorImages true
  /ColorImageFilter /DCTEncode
  /AutoFilterColorImages true
  /ColorImageAutoFilterStrategy /JPEG
  /ColorACSImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /ColorImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000ColorACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000ColorImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasGrayImages false
  /CropGrayImages true
  /GrayImageMinResolution 300
  /GrayImageMinResolutionPolicy /OK
  /DownsampleGrayImages true
  /GrayImageDownsampleType /Bicubic
  /GrayImageResolution 300
  /GrayImageDepth -1
  /GrayImageMinDownsampleDepth 2
  /GrayImageDownsampleThreshold 1.50000
  /EncodeGrayImages true
  /GrayImageFilter /DCTEncode
  /AutoFilterGrayImages true
  /GrayImageAutoFilterStrategy /JPEG
  /GrayACSImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /GrayImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000GrayACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000GrayImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasMonoImages false
  /CropMonoImages true
  /MonoImageMinResolution 1200
  /MonoImageMinResolutionPolicy /OK
  /DownsampleMonoImages true
  /MonoImageDownsampleType /Bicubic
  /MonoImageResolution 600
  /MonoImageDepth -1
  /MonoImageDownsampleThreshold 1.50000
  /EncodeMonoImages true
  /MonoImageFilter /CCITTFaxEncode
  /MonoImageDict <<
    /K -1
  >>
  /AllowPSXObjects false
  /CheckCompliance [
    /PDFX1a:2001
  ]
  /PDFX1aCheck false
  /PDFX3Check false
  /PDFXCompliantPDFOnly false
  /PDFXNoTrimBoxError true
  /PDFXTrimBoxToMediaBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXSetBleedBoxToMediaBox true
  /PDFXBleedBoxToTrimBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXOutputIntentProfile (None)
  /PDFXOutputConditionIdentifier ()
  /PDFXOutputCondition ()
  /PDFXRegistryName ()
  /PDFXTrapped /False

  /Description <<
    /CHS <FEFF4f7f75288fd94e9b8bbe5b9a521b5efa7684002000410064006f006200650020005000440046002065876863900275284e8e9ad88d2891cf76845370524d53705237300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c676562535f00521b5efa768400200050004400460020658768633002>
    /CHT <FEFF4f7f752890194e9b8a2d7f6e5efa7acb7684002000410064006f006200650020005000440046002065874ef69069752865bc9ad854c18cea76845370524d5370523786557406300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c4f86958b555f5df25efa7acb76840020005000440046002065874ef63002>
    /DAN <>
    /DEU <>
    /ESP <>
    /FRA <>
    /ITA <>
    /JPN <FEFF9ad854c18cea306a30d730ea30d730ec30b951fa529b7528002000410064006f0062006500200050004400460020658766f8306e4f5c6210306b4f7f75283057307e305930023053306e8a2d5b9a30674f5c62103055308c305f0020005000440046002030d530a130a430eb306f3001004100630072006f0062006100740020304a30883073002000410064006f00620065002000520065006100640065007200200035002e003000204ee5964d3067958b304f30533068304c3067304d307e305930023053306e8a2d5b9a306b306f30d530a930f330c8306e57cb30818fbc307f304c5fc59808306730593002>
    /KOR <FEFFc7740020c124c815c7440020c0acc6a9d558c5ec0020ace0d488c9c80020c2dcd5d80020c778c1c4c5d00020ac00c7a50020c801d569d55c002000410064006f0062006500200050004400460020bb38c11cb97c0020c791c131d569b2c8b2e4002e0020c774b807ac8c0020c791c131b41c00200050004400460020bb38c11cb2940020004100630072006f0062006100740020bc0f002000410064006f00620065002000520065006100640065007200200035002e00300020c774c0c1c5d0c11c0020c5f40020c2180020c788c2b5b2c8b2e4002e>
    /NLD (Gebruik deze instellingen om Adobe PDF-documenten te maken die zijn geoptimaliseerd voor prepress-afdrukken van hoge kwaliteit. De gemaakte PDF-documenten kunnen worden geopend met Acrobat en Adobe Reader 5.0 en hoger.)
    /NOR <>
    /PTB <>
    /SUO <>
    /SVE <>
    /ENU (Use these settings to create Adobe PDF documents best suited for high-quality prepress printing.  Created PDF documents can be opened with Acrobat and Adobe Reader 5.0 and later.)
  >>
  /Namespace [
    (Adobe)
    (Common)
    (1.0)
  ]
  /OtherNamespaces [
    <<
      /AsReaderSpreads false
      /CropImagesToFrames true
      /ErrorControl /WarnAndContinue
      /FlattenerIgnoreSpreadOverrides false
      /IncludeGuidesGrids false
      /IncludeNonPrinting false
      /IncludeSlug false
      /Namespace [
        (Adobe)
        (InDesign)
        (4.0)
      ]
      /OmitPlacedBitmaps false
      /OmitPlacedEPS false
      /OmitPlacedPDF false
      /SimulateOverprint /Legacy
    >>
    <<
      /AddBleedMarks false
      /AddColorBars false
      /AddCropMarks false
      /AddPageInfo false
      /AddRegMarks false
      /ConvertColors /ConvertToCMYK
      /DestinationProfileName ()
      /DestinationProfileSelector /DocumentCMYK
      /Downsample16BitImages true
      /FlattenerPreset <<
        /PresetSelector /MediumResolution
      >>
      /FormElements false
      /GenerateStructure false
      /IncludeBookmarks false
      /IncludeHyperlinks false
      /IncludeInteractive false
      /IncludeLayers false
      /IncludeProfiles false
      /MultimediaHandling /UseObjectSettings
      /Namespace [
        (Adobe)
        (CreativeSuite)
        (2.0)
      ]
      /PDFXOutputIntentProfileSelector /DocumentCMYK
      /PreserveEditing true
      /UntaggedCMYKHandling /LeaveUntagged
      /UntaggedRGBHandling /UseDocumentProfile
      /UseDocumentBleed false
    >>
  ]
>> setdistillerparams
<<
  /HWResolution [600 600]
  /PageSize [612.000 792.000]
>> setpagedevice


